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In this paper, we present the impact of migration on the spread of HIV and AIDS cases. A
simple model for HIV and AIDS that incorporates migration and addresses its contributions
to the spread of HIV and AIDS cases was constructed. The model was calibrated to HIV and
AIDS incidence data from Malaysia. We explore the use of Markov chain Monte Carlo
(MCMC) simulation method to estimate uncertainty in all the unknown parameters
incorporated in our proposed model. Among the migrant population, 1.5572e-01 were
susceptible to HIV transmission, which constituted 67,801 migrants. A proportion of mi-
grants, 6.3773e-04, were estimated to be HIV infected, constituting 278 migrants. There
were 72 (per 10,000) migrants estimated to have had AIDS, representing a proportion of
1.6611e-08. The result suggests that the disease-free steady state was unstable since the
estimated basic reproduction number R0 was 2.0906 and 2.3322 for the models without
and with migration, respectively. This is not a good indicator from the public health point
of view, as the aim is to stabilize the epidemic at the disease-free equilibrium. The
advantage of introduction of migration to the simple model validated the true R0 and the
transmission rate b associated with HIV and AIDS epidemic disease in Malaysia. It also
indicates an approximately 12 percentage points increase in the rate of HIV infection with
migration.

© 2022 The Authors. Publishing services by Elsevier B.V. on behalf of KeAi
Communications Co. Ltd. This is an open access article under the CC BY-NC-ND license

(http://creativecommons.org/licenses/by-nc-nd/4.0/).
1. Introduction

The spread of the human immunodeficiency virus (HIV), which progresses into the acquired immunodeficiency syndrome
(AIDS), has created a new global threat. In Malaysia alone, there have been 101,672 (0.4%) cases of HIV infection, 20,235
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(0.07%) cases of AIDS and 16,360 (0.05%) HIV/AIDS deaths reported between 1986 and 2013. Currently, there are 85,332 (0.3%)
Malaysians living with HIV/AIDS (MOH, 2015). Prior mathematical models describing HIV transmission have concentrated
mainly on populations of specific sexual orientation, i.e., homosexual or heterosexual. The AIDS epidemic has tremendously
stimulated the development of mathematical models describing infectious diseases. The transmission dynamics of HIV
infection and its eventual development into AIDS has taken a central role in many mathematical models. Various im-
provements have been made since the initial HIV and AIDS models by May and Anderson (R M Anderson et al., 1986; Roy M.
Anderson, 1988; May & Anderson, 1987), including specific issues that have been well discussed in the literature (Jansson
et al., 2014; Kelly & Wilson, 2015; Merli et al., 2006; Mukandavire et al., 2011; Naresh et al., 2011; Nyabadza &
Mukandavire, 2011a,b; Zhang et al., 2011). Similar to other infectious diseases (e.g., hepatitis B, chlamydia, gonorrhea,
syphilis, and genital herpes), HIV is transmitted by unsafe sexual interaction between individuals. Sinka et al. (Sinka et al.,
2003) presented a theoretical framework that described the effect of migrants from HIV-prevalent Sub-Saharan Africa on
HIV incidence in the United Kingdom. Kibona et al. (Kibona et al., 2011) studied the effect of HIV-infected migration using a
deterministic model of HIV/AIDS with vertical transmission. McGinn et al., concluded that migration affected the trans-
mission of HIV, as well as other sexually transmitted diseases, in California, USA (McGinn et al., 2001). There have been several
statistical models that have described the impact of migration on disease spread (RoyM. Anderson, 1988; Brookmeyer& Liao,
1990; Brummer, 2002; Coffee et al., 2007; Salomon&Murray, 2001; Sinka et al., 2003). Recent events inMalaysia indicate that
there is an increase inmigration issues in the country that could pose a high risk of the spread of disease. For the past decades,
the migration of health experts from Malaysia has been a cause for concern due to the fact that those who stay for longer
periods contribute to the impact on the health care system (Chuah et al., 2018; Pottie et al., 2017). Relatively few studies have
examined how the role of migration has impacted on HIV/AIDS in various countries. Therefore, migration should also be
considered in the modelling of HIV/AIDS, especially in Asian countries such as Malaysia. Globally, migration is a defining
challenge. The countries of the world are interconnected through migration, which has an economic impact on the countries
that receive migrants. Migration also has health implications for the countries that migrants have left. On the other hand,
apart from the increased potential for the spread of HIV/AIDS, there is also a rising concern thatmigrants’ health needs are not
always adequately met.

To the best of our knowledge, the use of a mathematical model to determine the effect of migration on HIV/AIDS cases has
not been studied in Malaysia. The few research works did not use mathematical models (Coffee et al., 2007; Sani & Kroese,
2008; Yang et al., 2007). Many people who traveled to another country are involved in sexual activity (L. Agustín, 2006;
Cooper et al., 2003; Ratliff, 1999; Richens, 2006). As they find these activities more accessible and affordable compared to
sexual services in their home country (Anarfi, 1993), the spread of HIV and AIDS is equally inevitable (L. M. Agustín, 2007;
Corno & de Walque, 2012; Nishigaya, 2002; Parrado et al., 2004). Migration is directly linked to the numerous spread of
epidemics worldwide (Deane et al., 2010). The primary objective of our study is to understand the impact of migration on the
spread of HIV and AIDS in Malaysia. Sound statistical analysis methods require that mathematical models be supplemented
by fitting themodel to an observed data to account for uncertainties and to ascertain the accuracy of themodel. The statistical
analyses used to determine these uncertainties are detailed in (Blum, 2010; Haario et al., 2006; Laine, 2008; Solonen et al.,
2013). Here, a constrained least-squares fitting method was used to estimate the epidemiological parameters. The esti-
mated parameters are then used to calculate the basic reproduction number. The uncertainties in both the model parameters
and the model output are handled using the Markov chain Monte Carlo (MCMC) simulation method (Sun et al., 2013). The
mathematical models constructed and their fitting to the data are validated using the Bayesian inference via MCMC sampling
of the posterior distribution (Apenteng& Ismail, 2014; H€ohle, 2008; Mahani& Sharabiani, 2015). These findings may improve
the understanding of the HIV and AIDS epidemic in Malaysia and demonstrate the importance of monitoring migration in
order to reduce the spread of HIV/AIDS.
2. Materials and methods

The aim is to keep the model as simple as possible while incorporating two essential elements, sexual behaviour, and
migration of the HIV/AIDS-infected population. The simplest HIV/AIDS model without migration is shown in Fig. 1.
2.1. Model without migration

Key Model Assumptions.
We assume that once an individual becomes infected with HIV/AIDS, the individual remained infectious for life. The total

population N is divided into three categories: susceptible, HIV, and AIDS individuals, and the model is based on the following
assumptions:

� The sexually active population susceptible to infection is represented by SðtÞ.
� Justification. Although wewished to model a sexually active population at risk of acquiring HIV/AIDS, the recruitment rate
of the susceptible compartment is the birth rate, b, which was independent of vertical transmission and hence unstable.
Therefore, the natural death rate, d, was constant across all compartments.
253



Fig. 1. Flow diagram of HIV transmission.
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� Infection is classified into two categories to represent those who are infected and diagnosed with HIV and AIDS,
respectively. That is, IðtÞ represents sexually active individuals who are infected and diagnosed with HIV, while AðtÞ
represents those who are diagnosed with AIDS.

� HIV-infected individuals progress to AIDS at a rate a.
� The rate of HIV transmission to a susceptible population is b, and the probability of transmission is b I

N S which was
assumed to be frequency dependence.

� A disease-induced mortality rate is assumed for the HIV population, IðtÞ and AIDS population AðtÞ; m>0, and ε> 0
respectively.

Based on these assumptions, the model is represented by the following equations:

dS
dt

¼ b� b
I
N
S� dS (1)

dI I

dt

¼ b
N
S� ðdþaþmÞI (2)

dA

dt

¼aI � ðdþ εÞA (3)
The total population is described by

dN
dt

¼ b� dN � mI � εA: (4)
We solve (1)-(3) using the following steps:
Lemma 1. The equations maintain positive solutions.
Proof. The vector field obtained by the right-hand side of (1)-(3) pointed inward on the boundary of R3þyf0g. For instance,

if S ¼ 0, then dS
dt ¼ b � 0. The same results can be obtained for the other compartmental variables.

Lemma 2. All solutions of (1)-(3) are bounded.
Proof. In the absence of disease, (4) is dN

dt ¼ b� dN� mI� εA � b� dN. Assume that NðtÞ � P for all t � 0, where P ¼ b
dþ x,

x>0. Suppose that if the assumption is not true, then there exists a t1 � 0 such that

Nðt1Þ¼
b
d
þ x; (5)

b

NðtÞ¼

d
þ x; t < t1; (6)

dNðt1Þ

dt1

� 0; (7)

dNðt1Þ

dt1

� b� dNðt1Þ ¼ �d<0: (8)
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Equation (8) contradicts our assumption of falsehood by indicting that the assumption is true. Therefore, NðtÞ � P for all
t � 0.

The basic reproduction number R0 is very important in disease modelling. It determines the transmission potential of a
disease. It describes the number of individuals, on average, to whom one infected person will pass on the disease to another
person. Furthermore, to determine whether the disease was either epidemic or endemic, we needed to find the reproduction
number of the model. The R0 is either a threshold value or a number that determines the stability of the disease-free
equilibrium. If R0 >1, then, an epidemic of AIDS occurs, and if R0 <1, then, the disease-free equilibrium is locally and
asymptotically stable. One useful approach to compute the R0 is by using the next-generationmethod (Diekmann et al., 2009;
Jones, 2013; Roberts & Heesterbeek, 2007; Van Den Driessche & Watmough, 2002). Thus, the basic reproduction number of
the system of equations (1)e(3) is obtained as follows: R0 ¼ b

aþmþd :

2.2. Model with migration

As a second step, we extend the simplest HIV/AIDS model to include the impact of migration, as shown in Fig. 2.

Key Model Assumptions.

� MðtÞ denotes the immigration of individuals to the host country (Malaysia).
� Justification. The HIV and AIDS status was unknown for the immigrant population. MðtÞ was assumed to contain sus-
ceptible as well as HIV- and AIDS-infected individuals. The proportion of migrants in each compartmental level cannot be
calculated with precision as there are no real demographic data available. Therefore, we have assumed that a fraction d, d1
and d2 were recruited into SðtÞ, IðtÞ and AðtÞ, respectively. We also assumed that migrants left the country at the rate of 4
from the SðtÞ, IðtÞ and AðtÞ populations.

The model takes the following form:

dS
dt

¼ bþ dM � b
I
N
S� ðdþ4ÞS (9)

dI I

dt

¼ b
N
Sþ d1M � ðdþaþmþ4ÞI (10)

dA

dt

¼aI þ d2M � ðdþ εþ4ÞA (11)

dM

dt

¼ðdþ d1 þ d2ÞM � dM (12)
The total population is described by

dN
dt

¼ b�ðdþ4ÞN�mI� εA� dM: (13)
R0 of the system is obtained as follows. Using the next-generation method as was done in section 2.1, R0 ¼ b
aþmþdþ4

: From
(12), at equilibrium d ¼ dþ d1 þ d2: Thus, R0 ¼ b

aþmþdþd1þd2þ4
.

Fig. 2. Flow diagram of HIV transmission with migration.
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2.3. Data

Data for the model were collected and collated by the Ministry of Health (MOH, 2012). The formulated model was used to
analyse the annually reported HIV and AIDS cases for Malaysia between 1986 and 2011. In 1986, the total Malaysian popu-
lationwas 16,329,400. From (MOH, 2012), three and one were infected with HIV and AIDS, respectively, representing Ið0Þ ¼ 3
and Að0Þ ¼ 1. Because S ¼ N� I� A, there are 16,329,396 individuals who are susceptible to infection. In 1986, the total
number of migrants in Malaysia was 435,408 (Lim, 1996).

2.4. Estimation of parameters and data fitting

The proposed models are fitted and validated using the HIV and AIDS incidence cases data fromMalaysia. There are six and
ten parameters to be estimated for without and with epidemiological migration models, respectively. It is worth noting that the
model parameters for both models may not be uniquely identifiable based on only HIV and AIDS incidence data available. We
addressed this problem by using a constrained least-squares approach and local sensitivity analysis (Soetaert & Petzoldt, 2010)
to obtain suitable initial parameter estimates for the two proposed models. To determine these parameters, each of the models
was fitted using the data (MOH, 2012). The estimated parameter values obtained from the best fit are given in Tables 1 and 2.
Figs. 3 and 5 may be considered as the basic classical goodness-of-fit for without and with the migration model, respectively.

3. Results

This section discusses the various results of the proposed models. The mathematical models were calibrated to the
Malaysian HIV incidence data from 1986 to 2011.

3.1. Without migration

We begin by considering a simple mathematical model without migration and analyse its impact on the dynamics of HIV
and AIDS incidence cases during the data calibration period. The incidence of data and its model fitting are given in Fig. 3.

Fig. 3 depicts an overlay of annually reported HIV case counts and simulations with initial and fitted parameters during the
25-year (1986e2011) calibration period. The highest peak infection rate occurred during year 16, which corresponds to 2002
when there were 6978 infected individuals. We observe that in general, both the HIV and AIDS incidence data do not have a
good fit. Furthermore, the HIV and AIDS incidence cases are overfitted using the simple model. It is worth noting that while
both fittings of HIV and AIDS cases have relatively a good fit at the start of the 25-year period, it is poorly fitted between the
fifth and twentieth years. This suggests that the simple model without migration is not an appropriate model for the HIV and
AIDS incidence data during the years 1986e2011.

The estimated epidemiological parameters, together with their 95% credible intervals, are given in Table 1. Generally,
credible intervals widths are narrower for all the estimated parameters. Interestingly, the lower limits of the parameters b, m;
and ε are less than zero. This is not surprising since the system of equations is underdetermined.
Table 1
Estimated parameters without migration with their respective uncertainties.

Parameter description Symbol Estimate 95% CI

HIV transmissibility b 9.7847e-01 (9.7805e-01, 9.7888e-01)
Rate of HIV progression to AIDS a 7.7416e-02 (7.7322e-02, 7.7511e-02)
Natural mortality rate d 3.9060e-01 (3.9056e-01, 3.9064e-01)
Recruitment rate of birth b 4.2249e-10 (-1.6762eþ00, 1.6762eþ00)
HIV mortality rate m 1.7396e-12 (-4.6967e-04, 4.6967e-04)
AIDS mortality rate ε 4.8233e-07 (-5.5380e-04, 5.5476e-05)

Table 2
Estimated parameters with migration together with their uncertainties.

Parameter description Symbol Estimates 95% CI

HIV transmissibility b 6.0786e-01 (6.0780e-01, 6.0792e-01)
Rate of HIV progression to AIDS a 7.4165e-02 (7.4139e-02, 7.4192e-02)
Natural mortality rate d 3.0475e-01 (3.0472e-01 3.0477e-01)
Recruitment rate of birth b 8.6480e-09 (5.1205e-09 1.2175e-08)
HIV mortality rate m 4.3164e-09 (-3.9676e-05, 3.9684e-05)
AIDS mortality rate ε 4.3603e-05 (3.3791e-05, 5.3414e-05)
Proportion of migrants recruited into S d 1.5572e-01 (1.5561e-01, 1.5583e-01)
Proportion of migrants recruited into I d1 6.3773e-04 (6.3727e-04, 6.3818e-04)
Proportion of migrants recruited into A d2 1.6611e-08 (-8.0299e-07, 8.3621e-07)
The rate migrant at which leaves the population 4 3.0110e-02 (3.0083e-02, 3.0137e-02)
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Fig. 3. Simple model fit of epidemiological data with initial and estimated parameters for the HIV and AIDS populations.
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The effect of the parameter uncertainty on the model output can be estimated and visualized on the unobserved variables
S, I, and A. It should be noted that these ranges only represent the distribution of the model response as a function of the
parameter values as shown in Fig. 4.

Fig. 4 shows the sensitivity range of annually reported HIV cases based on parameter distribution as generated with the
MCMC method during the 25-year calibration period. The light grey area represents the minimum and maximum model
response at each time step, and the dark grey area (Mean ± sd) illustrates the mean model response plus or minus one
standard deviation. Among the compartment populations, the variance increases in the following order: A> I> S. The large
variance is due to either the uncertainties in the model or noise in data collection.
Fig. 4. Predictive ranges of the simple model without migration. The light and dark shaded areas describe the sensitivity range of the estimated parameters.
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3.2. The impact of migration

We extended the simple mathematical model to a more realistic one by including the impact of migration on the spread of
HIV and AIDS cases. In order to validate this extension, we fitted the model to the same HIV and AID incidence data from
Malaysia. The result of the model validation is given in Fig. 5.

Fig. 5 shows the fitting of the epidemiological model incorporating the effect of migration with initial and estimated
parameters for the HIV and AIDS incidence cases over period of 25 years. We can see that there is an improved model fitting
compared with the simple model without migration.

Table 2 presents the estimated parameters, together with their 95% credible intervals. The widths of the intervals are
shorter for all the estimated parameters. The lower limits of the parameters m and d2 are less than zero and this again shows
that the system of nonlinear differential equations is underdetermined (Apenteng et al., 2020) as in the case of the model
without migration.

Fig. 6 shows the variance in annually reported compartment populations from the migration-based model. The variance
increased in the following compartment order: A>M> I> S. The variance of the predictive distribution demonstrates the
predictive accuracy of the migration model. The large variance is due to either the uncertainties in the model or noise in the
data collection. The model fits the noisy data sufficiently well.

3.3. The impact of migration on HIV and AIDS

The addition of migration to the simple model reduces the transmission rate b from 0.9785 to 0.6079. The basic repro-
duction number, on the other hand, rises from 2.0906 to 2.3322. This shifted the disease away from the steady-state disease
equilibrium due to the proportions of migrants recruited into susceptible, HIV, and AIDS at rates of 1.5572e-01, 6.3773e-04,
and 1.6611e-08, respectively. It also indicates that the rate of HIV infection speeds up with an increase of approximately 12%
with migration over the model without migration. Thus, introduction of migration to the simple model identifies the pitfalls
in estimating the true transmission rate b and the basic reproduction number. It validated the true transmission rate beta and
the basic reproduction number R0 associated with HIV and AIDS epidemic disease in Malaysia.

4. Summary and discussion

In this paper, we formulated a simple model and its extension to study the dynamics of HIV and AIDS disease spread. We
applied the models to the Malaysian HIV and AIDS epidemiological data that represented a nationwide homogeneous mix of
infected migrants and susceptible citizens to study the HIV epidemic. We demonstrated how immigration impacted the
spread of HIV and AIDS in Malaysia. As with all mathematical models, these results must be interpreted within the context of
the model assumptions and the quality of epidemiological data available. While the estimated parameter sensitivity analysis
Fig. 5. Model fit of epidemiological data with initial and estimated migration parameters for the HIV and AIDS populations.
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Fig. 6. Predictive ranges for the migration model compartment populations. The light grey area represents the minimum and maximum model response at each
time step, and the dark grey area refers to the mean model response with and without one standard deviation.
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offered robust results, we caution against over-interpretation of these predictions due to the uncertainty in the parameter
describing migrant inflow and due to the structural limitations of the proposedmodel. The Bayesian approaches were used to
derive a data-dependent probability distribution of the parameters to facilitate the implementation of the MCMC method.
This approach was used to identify the parameter ranges and for parameter fitting.

Our findings highlight the important role that immigrant, susceptible, and sexually active, HIV-positive, and AIDS-infected
populations play in the HIV/AIDS model. From Table 2, we observe that the proportion of migrants recruited to susceptible
was 1.5572e-01, which constituted 67,801 migrants. Of the migrants, a proportion of 6.3773e-04 was estimated to be HIV
infected, constituting 278 migrants. There were 72 (per 10,000) migrants estimated to have had AIDS, representing a pro-
portion of 1.6611e-08. The estimated parameter correlations and uncertainty, as well as the uncertainty in the model pre-
diction curves (Figs. 4 and 6), were used to assess the accuracy of the model. Figs. 1 and 2 showed that the estimate was not
accurate but satisfied the given assumptions. This was an acceptable flaw because the data themselves can be questionable.
The results suggested that a susceptible individual not exposed to migration becomes HIV infected at a rate of 9.7846e-01,
which was greater than the 6.0786e-01 rate of transmission in a population interacting with migrants. This reduction in
transmission rate is due to an increase in the number of parameters to be estimated which makes the migration model
underdetermined.

The disease-free steady state for the proposed models were unstable since the basic reproduction number R0 were
estimated to be 2.0906 and 2.3322, respectively, for the models without and with migration. The advantage of introduction of
migration to the simple model validated the true R0 and the transmission rate b associated with HIV and AIDS epidemic
disease in Malaysia. This is not a good indicator from the public health point of view, as the aim is to stabilize the epidemic at
the disease-free equilibrium. However, the introduction of migration pushes the disease away from the disease-free equi-
librium state compared with the model without migration. It also indicates that the rate of HIV infection speeds up with an
increase of approximately 12% with migration over the model without migration. The disease instability further implies that
HIV will continue to infect the susceptible population because the rate of transmission was very high among HIV- and AIDS-
infected migrants. The results of this study suggested that existing Malaysian intervention strategies may not be sufficient to
reduce the spread of HIV and AIDS. Insights into future HIV/AIDS prevalence are useful for decision making in the public
health sector. We believe that MCMC analysis could yield significant advances in our understanding of HIV/AIDS. Finally, there
must be effective intervention measures to continue to minimize the spread of the HIV/AIDS epidemic within the unaffected
population.
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